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Given a metric space (X, d,u) with a measure p, a domain
in X is an open path-connected set in X. We call a bounded
connected set £ G Q an acceptable set if E N 0Q # @. We
call a sequence {Ej},- | of acceptable sets a chain if it satisfies
the following conditions: 1. Ej.y C Ej for all £ = 1,2,..., 2.
dist (2N OE, 1, Q2NOE,) >0 forall k =1,2,..., 3. The impres-

sion [ Ej C 992. We say that a chain {E}},-, divides the chain
k=1
{F}.},o if for each k there exists [y such that Ej;, C Fy. Two chains
are equivalent if they divide each other. A collection of all mu-
tually equivalent chains is called an end and denoted [Fy], where
{E)},-, is any of the chains in the equivalence class. The impres-
sion of [Ey|, denoted I[Fy], is defined as the impression of any
representative chain. We say that an end [Ey| is a prime end if it
is not divisible by any other end. The collection of all prime ends is
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called the prime end boundary and is denoted Eq. In what follows,
we set Qp 1= QUEq. Given a family of paths I' in X, a Borel func-
tion o : X — [0,00] is called admissible for ', abbr. p € admT,
if [ods > 1 for all (locally rectifiable) v € . We denote by

Y

['(E, F,G) the family of all continuous curves v : [0,1] — X such
that v(0) € E, v(1) € F, and ~(t) € G for all t € (0,1). Ev-
erywhere further (X, d, u) and (X', d’, u’) are metric spaces with
metrics d and d’ and locally finite Borel measures ;o and p’, cor-
respondingly. We will assume that i is a Borel measure such that
0 < u(B) < oo for all balls B in X. Given p > 1, the p—modulus

of the family T is the number M,(T") = 11gf ng ) dp(x).
PE X

Let G and G’ be domains with finite Hausdorff dimensions «
and o’ > 1 in X and X', and let @ : G — [0,00] be a
measurable function. Given xq € 9G, denote S; := S(z,1;),
1 = 1,2, where 0 < r; < ry < oo. We say that a mapping
f:G— G'isaring Q mappmg at a poz’nt xo € 0G, if the inequal-
ity Mo/ (f(T(S1,52,4))) < [ Q(z)n*(d(x,x0)) du(x) holds for
ANG
any ring A = A(xg,rl,rz) ={r e X :r <d(z,xg) <ry}, 0<
ry < ry < 00, and any measurable function 7 : (ry,79) — [0, 00]

such that [ n(r)dr > 1. Given 6 > 0, D C X, a continuum A C D

71
and a measurable function @ : D — [0, 00|, denote Fos.4(D) the
family of all ring Q-homeomorphisms f: D — X'\ K in D, such

that f(D) is some open set in X' and d'(Kf) = sup d'(z,y) =9
T,yeKy
and d’(f(A)) > 9, where Ky C X' is a continuum.

Theorem. Let D and D} := f(D), f € §qs4(D), be domains
with finite Hausdorff dimensions a and o’ > 2 in spaces (X, d, i)
and (X', d’, n'"), respectively, and let X' be a domain with finite
Hausdorff dimension o' > 2. Assume that X is complete and
supports an a-Poincaré inequality, and that the measure 1is dou-
bling. Let D be a bounded domain which is finitely connected at

the boundary, and let Q) : X — (0,00) be a locally integrable func-
tion. Assume that, Q € FMO(D). If D; = f(D) and X' are
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equi-uniform domains over [ € Fgsa(D) and D_J’c are compacts

in X', then §o.s5.4(D) is equicontinuous in Dp.
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