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Let (X, d, µ) and (X ′, d ′, µ ′) be metric spaces with metrics d and d ′ and
locally finite Borel measures µ and µ ′, correspondingly. Let us consider con-
dition A : for all β : [a, b) → X ′ and x ∈ f −1 (β(a)) , a mapping f : D → X ′

has a maximal f -lifting in D starting at x.
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We say that a function h : X × X → R meets the requirement B on
X := X ∪∞, if the following conditions hold:
B1 : h is a metric on X;
B2 : (X, h) is a compact metric space;
B3 : h(x, y) 6 d(x, y) for every x, y ∈ X.

A mapping f : G \ {x0} → G ′ is a ring Q-mapping at a point x0 ∈
∂G with respect to (p, q)-moduli, if the inequality Mp(f(Γ(S1, S2, A))) 6∫
A∩G

Q(x)ηq(d(x, x0)) dµ(x) holds for each ring A = A(x0, r1, r2) = {x ∈ X :

r1 < d(x, x0) < r2}, 0 < r1 < r2 < ∞ and every measurable function

η : (r1, r2) → [0,∞] with
r2∫
r1

η(r)dr > 1.

Theorem. Let 2 6 α, α ′ < ∞, 1 6 q 6 α, α ′ − 1 < p 6 α ′ and let
(X, d, µ) be locally compact Ahlfors α-regular metric space. Let (X ′, d ′, µ ′)
be Ahlfors α ′-regular proper path connected, locally connected metric space
where (1; p)-Poincaré inequality holds. Let G := D \ {ζ0} be a domain in X,

which is locally path connected at ζ0 ∈ D. Assume that Q ∈ FMO(ζ0), and
there exists a function h satisfying conditions B.

If an open discrete ring Q-mapping f : D \ {ζ0} → X at ζ0 with respect to
(p, q)-moduli satisfies the condition A and ζ0 is an essential singularity of f,

then f(V \ {ζ0}) is dense in X ′ for an arbitrary neighborhood V of ζ0.

8


